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Abstract: The efficiency of an IPMSM motor is influenced by the operating point of the machine.
Conventional approaches to generate measured efficiency maps may be too expensive to use in some
situations, thus it often replaced by simpler variants based on parametric models. A promising
approach is to combine model-based approaches with online parameter identification methods which
would allow following changes of the parameters. However, such approaches may also result in
deteriorated performance if the online parameter estimation is inaccurate. We present a systematic
experimental study of the influence of the parameter estimates on the efficiency of a 4.5 kW IPMSM
drive and analyze the sources of inaccuracy. The first outcome of this study is that none of the tested
methods performs well when the machine is fully loaded, which deteriorates overall performance.
The second outcome is that the conventional maximum torque per ampere/current (MTPA/MTPC)
is not an accurate optimization criterion. The overall performance of the compared methods thus
heavily depends on the testing profile. When a significant part of the profile is at full load, the
methods based on online estimation are unsuitable and parameters estimated offline using frequency
domain provides better efficiency under the maximum torque per current control strategy.

Keywords: recursive least squares (RLS); torque per current ratio (TPC); interior permanent magnet
synchronous motor (IPMSM); maximum torque per ampere (MTPA); maximum torque per current
(MTPC); flux linkage map; drive efficiency

1. Introduction

The efficiency of operation of an interior permanent magnet synchronous machine
(IPMSM) depends on the operating point of the stator current vector. The state-of-the-
art approach to maximization of the machine efficiency is based on detailed measurement
of all operating points on a fine grid and creation of efficiency maps of the machine. This
procedure is commonly used for surface mounted PMSM [1,2], IPMSM [3], or SyRM [4,5].
If measurements are not available, the efficiency map can be also computed by finite
element analysis (FEA) [6]. The efficiency map can also be measured for the full drive,
i.e., including the efficiency of the converter [7]. The measured efficiency map is the most
reliable approach since it reflects all possible sources of losses, including iron losses, eddy
currents, etc.

However, application of the efficiency map in the real drive is not always possible, due
to low computational power of the controller, incomplete measurements of efficiency, or
other causes. A simple replacement of the efficiency map is the evaluation of the efficiency
using parametric models of Joule losses and torques [8]. The advantage of this approach
is that it readily provides optimal operating points in the form of maximum torque per
current (MTPC) strategy which greatly simplifies its use in real-time control. However,
it relies on an approximate model of the true losses and on knowledge of the system
parameters. The former can be addressed by a more complete model of the losses [9,10].
The machine parameters are often taken from data sheets provided by the manufacturer,
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but it is often advantageous to estimate them for a particular drive to compensate for
manufacturing tolerances. Moreover, the parameters can also change during the operation
of the drive, e.g., due to temperature changes or aging. Then, the parameters must be
estimated online. Adaption of evaluation of the optimal operating conditions of [8] for
time-varying parameters has been presented in [11]. The dependence of motor efficiency
on the quality of the estimator was demonstrated in [12].

The goal of this study is to assess if a combination of existing online parameter
estimation methods with a feed-forward model-based controller is able to improve the
efficiency of an IPMSM. In this paper, the results from [12] are extended by considering
a wider range of parameter identification methods on the efficiency of the machine and
analyze the source of errors. Specifically, we will investigate two offline methods, the flux
linkage map (FLM) identification (see Section 2.2.1) [13–15] and the frequency domain
identification at standstill (see Section 2.2.2) to obtain the stator inductance values. Among
other online parameters estimation methods [16–19] we focus on the recursive least squares
method (RLS) and high-frequency injection-based inductance estimation [20]. In the
majority of articles on parameters, estimation focuses only on the convergence of the
estimation method [21,22] and not on the performance of the closed loop or efficiency. The
contribution of our work is in the evaluation of the impact of the parameter estimation on
efficiency which is not a well-researched topic. Solely in [23], the improved efficiency of
the traction drive during the automotive worldwide harmonized light-duty vehicles test
procedure (WLTP) due to RLS is reported. However, it provides a very limited comparison
of only one estimation method in contrast to a strategy with nominal parameters in one
profile. In this contribution, we will systematically compare RLS and the frequency domain-
based method [20] with other approaches in a range of experiments in distinct operating
conditions. The combination of analytical setpoints based on identified parameters is
compared to the conventional efficiency map that serves as a baseline. To identify the
source of inaccuracy in the model we also evaluate an efficiency optimization method
based on a torque sensor [24].

The paper is structured as follows. The compared control strategies and parameter
identification methods are briefly introduced in the next section. The experimental setup is
described in the third section. The main contribution is in the evaluation of the experimental
results in the fourth section. The conclusions are drawn in the fifth section.

2. Motor Efficiency and Maximum Torque per Current

The efficiency of the motor can be computed as the ratio of the mechanical power
Pmech at the shaft and the electrical power Pel at the terminals of the motor, i.e.,

ηref =
Pmech

Pel
=

mmωm
3
2
(
usdisd + usqisq

) , (1)

where mm is the measured torque on the shaft, ωm is the mechanical rotor speed (in rad/s),
isd and isq are the stator current components, and usd and usq are the voltage components in
the rotating dq reference frame (aligned with the permanent magnet flux linkage), measured
at the LC filter between converter and motor (see Figure 1).

2.1. Maximum Torque per Current (MTPC)

Consider the conventional model of the machine in discrete time:

usd =Lsd
∆isd
∆t

+ Rsisd − ψsq(isd, isq)ωel + Lm
∆isq

∆t
,

usq =ψsd(isd, isq)ωel + Rsisq + Lsq
∆isq

∆t
+ Lm

∆isd
∆t

,
(2)

where Lsd and Lsq are the differential inductance values of each axis, Lm is the mutual induc-
tance between the d and q axes and ψsd(isd, isq), and ψsq(isd, isq) are d- and q-components
of the stator flux linkage (depending on the stator currents isd and isq), Rs is the stator
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resistance, ωel = npωm (with pole pair number np) is the electrical rotor speed, and ∆t
is the sampling time. Consider the linear approximation of the stator flux linkage vector
given as follows

ψsd(isd, isq) = Lsdisd + Lmisq + ψ′0d + ψrd,

ψsq(isd, isq) = Lmisd + Lsqisq + ψ′0q + ψrq,
(3)

where ψrd and ψrq are the components of the rotor flux linkage, typically ψrd = ψpm and
ψrq = 0 holds for IPMSMs. Since Lsd and Lsq are differential inductances, approximation (3)
should also contain the offset ψ′0d as well as ψ′0q due to the linearization of non-linear
characteristics. Since ψ′0, ψrd and ψrq have the same effect on the model, we introduce an
augmented rotor flux linkage ψ0d = ψ′0d + ψrd, ψ0q = ψ′0q + ψrq. For approximation (3), the
machine torque is

mm =
3
2

np
(
ψsdisq − ψsqisd

)
(4)

=
3
2

np
[((

Lsd − Lsq
)
isd + ψ0d

)
isq+

+Lm

(
i2sq − i2sd

)
− ψ0qisd

]
(5)

where mm and mm,ref are the actual and reference value of the torque, respectively. The
operating current vector of the machine is typically chosen by minimizing the Joule losses
for a desired torque, i.e.,

(i∗sd, i∗sq)
T = arg min

(isd ,isq)
i2sd + i2sqs.t. mm = mm,ref. (6)

We will use the analytical methods presented in [8], since it optimizes (6) for all
parameters of the model [13].
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Figure 1. Control block diagram of the experimental rig including injection of high frequency
signal.
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Figure 1. Control block diagram of the experimental rig including injection of high frequency signal.

2.2. Parameter Estimation

Selected methods for offline and online parameter estimation are now briefly reviewed.

2.2.1. Flux Linkage Map (FLM)

The method is based on measuring the flux linkage map on a grid of several operating
points. The motor is held at constant speed using a coupled machine (see Figure 1) and
the reference currents are set from a pre-generated grid. The grid is rectangular, setpoints
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with a current amplitude higher than 110% of the maximum current are excluded from the
measurement. In each operational point, average values of the stator currents (Isd, Isq)T ,
LC filter voltages (Usd, Usq)T , electrical speed (ωel = npωm), and winding temperature (ϑs
in °C) are computed over a measured time window of 1 s. Flux linkage maps for each axis
are computed by:

Ψsd =
1

ωel
(Usq − Rs(comp) Isq) (7)

Ψsq =
1

ωel
(Usd − Rs(comp) Isd) (8)

Rs(comp) = Rs(nom)(1 + αCu(ϑs − 20)) (9)

where Ψsd and Ψsq denotes the averaged stator flux linkages, Rs(comp) is the temperature
compensated stator resistance, Rs(nom) is the nominal value of the stator resistance, and αCu
is the thermal coefficient of the copper winding. The differential inductances are computed
from the fluxes using:

Lsd =
∆Ψsd
∆Isd

, Lsq =
∆Ψsq

∆Isq
, Lm =

∆Ψsd
∆Isq

=
∆Ψsq

∆Isd
. (10)

The maps of flux linkages and differential self inductances Lsd and Lsq and mutual
inductance Lm of the considered machine are displayed in Figure 2. With the available
maps of the flux linkages Ψsd and Ψsq, the torque mm,FLM can be computed using (4)
without linearizaton.

Figure 2. Cont.
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Figure 2. Identified maps for the FLM method. (Top row): Flux linkage maps for d (left) and q (right) axis. (Middle row):
Differential self inductances maps for d (left) and q (right) axis. (Bottom row): Differential mutual inductances maps for d
(left) and q (right) axis.

2.2.2. Frequency Domain Identification in Standstill (OffFreq)

Rough (nominal) estimates of the d, q inductances and stator resistance are obtained
from analysis of the frequency characteristics of a machine at standstill. Locking the rotor
(i.e., ωel = 0) and neglecting the mutual inductance (i.e., Lm = 0) simplifies the model of
the machine in (2) to

usd = Lsd
∆isd
∆t

+ Rsisd, usq = Lsq
∆isq

∆t
+ Rsisq.

The response is measured for a set of frequencies (logarithmic scale is recommended,
cut-off frequency fcut-off = Rs

2πLs
for nominal parameters of Rs and Ls should be in the

middle of the frequency range). In the case of the considered IPMSM, the nominal cut-off
frequencies were 15 Hz in the d axis and 10 Hz in the q axis. The responses of the system
were measured at frequencies of (1, 3, 8, 24, 70, 200) Hz for both axes as illustrated in
Figure 3 displaying interpolation of the measured data by the model. The responses at the
tested frequencies are obtained by fast Fourier transform (FFT). Inductances and stator
resistance for both axes are estimated using the Matlab System Identification Toolbox.
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Figure 3. Frequency domain identification experiment—measured points of the frequency response
and analytically computed response for the identified parameters.
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The main advantage of this method is its robustness. However, the values of the
parameters are assumed to be constant for all operating conditions of the motor.

2.2.3. Online Frequency Domain Identification (OlFreq)

The set of methods proposed in [20] allows estimating inductances, resistance, and
permanent magnet flux linkage. We consider resistance and permanent magnet flux linkage
to be constant, so we use only inductances estimation.

The equivalent circuit for high frequency injected current has the same parameters as
the equivalent circuit for the fundamental current component.

Lsd =
Udh

ωinj(d) Idh
sin(θdu − θdi)

Lsq =
Uqh

ωinj(q) Iqh
sin(θqu − θqi)

(11)

Estimation is independent of the fundamental current or speed of the machine due to
the current injection. The response of the high-frequency voltage excitation is extracted
using discrete Fourier transform (DFT). For the convenience of DFT, ωinj should be integer
divisors of switching frequency. ωinj(d) and ωinj(q) should be sufficiently distinct to decouple
the parameter identification in dq-axes. Additionally, ωinj(q) is supposed to be larger than
ωinj(d), since the q-axis has greater influence on torque [20]. ωinj must avoid sixth multiples
of the fundamental frequency ωel due to the slotting effect. Both frequencies should be
much higher than the nominal frequency of the machine. In the case of the considered
machine, ωel is in the range of 0÷ (2π · 100) rad/s, hence the frequencies ωinj(d) = (2π · 400)
rad/s, ωinj(q) = (2π · 500) rad/s, were chosen. The switching frequency was 10 kHz.

2.2.4. Recursive Least Squares (RLS)

Many variants of the RLS method have been proposed. Due to the observability
problem, RLS for IPMSM model (2), additional current injection [25], or current ripple
analysis [26] is recommended. The effect of the injections will be studied in the experi-
mental section. RLS could be applied separately on each equation of model (2) linearized
using (3) or as one combined estimation based on both equations [27]. We use the combined
estimation for both axes. The generic estimation problem is given by

y =[xd, xq]
>θ,

θ̂ =V−1W

V =λV + xdxd
T + xqxq

T + αI

W =λW + xdy + xqy

(12)

and comes in two versions of the parametrization. The first one, RLSLs, estimates only the
d and q inductances, which gives the following parametrization

θLs =
[

Lsd Lsq
]
, α =0.00001,

xdLs =

[
∆isd
∆t

−isqωel

]
, xqLs =

[
isdωel

∆isq
∆t

]
,

yLs =

[
usd − Rsisd + ωelψrq
usq − Rsisq −ωelψrd

]
.

(13)

The second one, RLSLsψ0 , considers ψ0d and ψ0q to depend on the operation point and
has the parametrization
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θLsψ0 =
[

Lsd Lsq ψ0d ψ0q
]
, α =0.00001,

xdLsψ0
=




∆isd
∆t

−isqωel
0
−ωel


, xqLsψ0

=




isdωel
∆isq
∆t

ωel
0


,

yLsψ0
=

[
usd − Rsisd
usq − Rsisq

]
.

(14)

For both parametrizations, α is a regularization factor to avoid numerical problems like
division by zero. λ is the forgetting factor of the RLS. In both cases, the mutual inductance
was neglected Lm = 0. Extension of both versions of RLS to estimate Lm is possible, but
yields worse results for the first and identical results for the second variant.

Since injection of the probing signal is known to improve the quality of estimation,
both versions of the RLS method with injected current signal were also tested. For easier
comparison, the same signal that is used in the OlFreq method is injected, these methods
will be denoted RLSinj

LS and RLSinj
LSψ0

.

2.3. Optimal MTPC Using Torque Sensor

All methods estimating physical parameters optimize performance in the sense of
MTPC. The optimal operating point in this criteria can be also found experimentally, given
the measurement of the torque. Then, the optimal operating point is determined as the
one with maximum ratio of the measured torque and measured current. This method,
denoted as Sensor, is not practical in applications, but we will use it as a reference for the
interpretation of the parametric approaches. Specifically, a perfect model of torque and
current should be in agreement with the measured values, and the efficiency of such a
model should approach that of the sensor method. This does not mean that this method is
optimal because Joule losses form only a part of the total losses as it is demonstrated later.

3. Laboratory Equipment

The rated power of the tested IPMSM drive is 4.5 kW, rated voltage 400 VRMS, rated
current 12.47 ARMS, rated speed 1500 rpm, and pole pair number np = 4. Nominal parame-
ters of the machine are Rs = 1.277 Ω, ψpm = 0.438 Wb, Lsd = 14.0 mH, and Lsq = 19.3 mH.
Output current from the inverter is filtered using a three-phase LC filter (see Figure 1) with
inductance L f = 0.25 mH and capacitance C f = 100µF. The IPMSM drive is equipped
with a 12 bit absolute angular position encoder LARM ARC 405, a torque sensor Burster
8661 (output signal is filtered by a first-order lowpass RC filter with a time constant of
500µs), a voltage transducer LEM LV 25-P for the converter DC-link voltage measurement,
and current transducers LA 55-P for measurement of the DC-link and stator phase currents.
The switching frequency of the voltage-source converter, supplying the IPMSM is 10 kHz.
Temperatures of the winding and the endshield of the machine are measured using a pair
of Pt100 sensors with respective transducers. The coupled induction machine (IM) drive
consists of a Siemens 1LE10011CB034 motor and a Siemens S120 converter.

4. Experimental Results

All experiments were performed with measured data evaluated at a steady-state
operating point of the motor for predefined values of the load torque and speed. The
operating point is defined by the current in the d-axis that was fixed to one of the grid
points (x-axis in the plot in Figure 4). The grid of the d-axis current, −5A to +2A, was
designed to cover the nominal MTPC curve with a wide margin. The tested electrical
drive was loaded by constant torques (33%, 66%, and 100% of nominal torque in both
directions) and driven to predefined constant speeds using a PI controller influencing
the q-axis current. The resulting operating points for such constant load and speed (i.e.,
constant power) are then forming constant torque isolines of the machine, see Figure 4.
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Figure 4. The grid of operating points on which is evaluated performance of all methods (fixed
d-grid, q-axis current is set by a PI controller of the speed). The grid is constructed around the MTPC
(MTPA) curve computed from parameters identified at the standstill.

4.1. Estimated Parameters

First, we compare the estimated parameters of all model-based methods. Parameters
of all methods were tuned independently to obtain the best performance. Estimates of the
methods estimating only inductances (RLSLs with a forgetting factor λ = 0.999, frequency-
characteristics methods (OffFreq, OlFreq), and FLM inductance) are shown in Figure 5.
Estimated of the RLSLsψ0 estimating also ψ0d and ψ0q are displayed in Figure 6. An example
of the effect of each method on the torque predicted from the model using the estimated
parameters is displayed in Figure 7, where the predicted torque is divided by the amplitude
of the current to form the torque-per-ampere (TPC) quantity.

The provided results indicate the following:

• Injections of the excitation signal significantly improve the accuracy of the RLS-based
methods in all regimes except the full load conditions. This may be related to the
inductance saturation or signal-to-noise ratio of the current measurements.

• For all methods with constant ψ, the estimated inductance is decreasing with the
increasing rotation speed, and is strongly current-dependent, see Figure 5. Estimates
of the inductances obtained by the RLS that jointly estimate the flux ψ are stabilized
at values significantly lower than nominal, the variability has been absorbed by
the flux parameter, see Figure 6. This seems to be an artifact of the RLS approach,
since parameter variability can be tuned in more sophisticated methods such as the
extended Kalman filter.

• The peak on the Lsq estimate obtained by the OlFreq method in Figure 5 is caused
by the interference of the injected signal and multiples of the mechanical frequency
during the transient.
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Figure 5. Estimated inductance Lsd (left) and Lsq (right) using five methods: (i) flux linkage map, L∗,FLM, (ii) RLSLs, (iii)

RLSinj
Ls , (iv) frequency domain identification at standstill L∗,O f f Freq, and (v) online frequency domain identification, L∗,OlFreq.

Profile of the current and torque under which the parameters were identified is displayed in the two bottom subplots of the
figure, respectively.
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Figure 6. Estimated inductances Lsd and Lsq and magnetic fluxes ψ0d and ψ0q using RLSLsψ0 and

RLSinj
Lsψ0

. Profile of the current and torque under which the parameters were identified is displayed
in the two bottom subplots of the figure, respectively.

4.2. Analysis of Motor Losses

For a better understanding of the power loss decomposition, the Joule losses were
computed as follows

∆Pj = 3Rs I2
s
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and subtracted them from the total power loss ∆Psum = |Pel − Pmech| to obtain losses in the
iron and mechanical friction

∆PFe+oth = ∆Psum − ∆Pj.

The decomposition of the power losses is displayed in Figure 8. An interesting
conclusion is that the mechanical power losses depend on the direction of rotation, which
is due to non-symmetrical Coulomb friction ([28] in Section 11.1.5). Note that Joule losses
are the dominant part of the total losses for low power regimes, while mechanical and iron
losses increase their importance in the high-speed regime.
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Figure 7. Example of calculation of the operating point using MTPC for all parametric models and
the Sensor method at motor speed 120 rad/s and 66% of the load.
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4.3. Efficiency Evaluation

First, we will analyze the maximum possible efficiency of the machine that was
obtained by the grid search over all possible operating points, see Figure 9. Efficiency was
measured by a Yokogawa power analyzer, see Figure 1. Note that the efficiency is non-
symmetric with respect to the direction of the rotation, which is caused by non-symmetry
of the mechanical losses as displayed in Figure 8. Since efficiencies obtained by the tested
methods are relatively close to the optimal, we will not report absolute efficiencies of the
tested methods but only relative efficiency with respect to the grid-search-based maximum.

Visualization of the impact of deviation from the optimal isd on the relative efficiency
is displayed in Figure 10 by contours of decrease of absolute efficiency with increasing
deviation from the optimal isd current. Note that the most sensitive area is at low speeds.
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Figure 9. Absolute efficiency of the motor evaluated at different speed and loads.
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Figure 10. Map of relative efficiency drop with increasing distance from the optimal isd operating
point.

Reference efficiency (1) was computed using measurements of the torque and voltage
for all grid points of the current setpoints. The relative efficiency of each method was
determined by comparing the reference efficiency at the optimal (grid-searched) setpoint i∗sd
with reference efficiency evaluated at the setpoint provided by the tested method, isd,method,

i.e., ηrel =
ηref(is(isd,method))

ηref(is(i∗sd))
as visualized in Figure 11.

The value of the d-component of the stator current that was selected by the MTPC
strategy evaluated for each method and isd for the maximum reference efficiency is shown
for three different load torque levels in both directions in Figure 12. The average of
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the relative efficiency of the motor for various methods at various loads is compared in
Figure 13. Note that the relative efficiency of many methods is decreasing, especially at
high load. The most significant drop is for the online frequency-domain identification
(OlFreq), but it is also visible on both RLS variants and to some extend FLM. The offline
frequency domain identification achieves the best performance.
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e.g., by maximizing TPC, and reference efficiency in the isd,method computed (indicated by arrow).
Relative efficiency is the ratio of the maximum achievable efficiency (upper dotted line) and the
efficiency of TPC of the evaluated method (lower dotted line).
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Figure 13. Relative motor efficiency for the tested methods in descending order for (a) 33% of the nominal load, (b) 66% of
the nominal load, (c) 100% of the nominal load, and (d) average of all load conditions. The efficiencies are averaged over all
speed conditions.

4.4. Discussion

The results provided in the previous subsection indicate that none of the tested online
identification methods were able to provide results that would reliably outperform control
with carefully estimated constant parameters. However, it revealed interesting points that
need to be addressed by future research which are now shortly discussed:

• All parametric methods optimize the MPTC and in ideal condition should approach
the results of the Sensor method which measures the optimal MPTC. However, it is
not the most efficient method when other losses are taken into account. Thus bias in
the estimated parameters method may actually improve the overall efficiency of the
method if the bias is systematic towards the overall efficiency. This seems to be the
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case for the OffFreq method, which always performs better than Sensor and the RLS
version at low loads. This clearly suggests that MTPC is not the optimal criteria and
should be replaced by maximum torque per losses (MPTL) which also minimizes iron
losses in the machine (for details see [10,29]).

• The best overall efficiency was obtained for parameters obtained from offline identifi-
cation by the frequency analysis, see Figure 13. This is due to its consistency, being
one of the top three methods at all loads. It is clearly the best at 100% load condition.
For lower loads, the RLSinj

LS method achieves marginally better results. This may be
surprising, since OffFreq uses fixed parameters without any adaptation to operating
conditions. This suggests that consistency of the method across operating regimes is
more important than its accuracy under come conditions. This can be demonstrated
by the OlFreq methods that perform well under 33% loads, but quickly deteriorates
for higher loads.

• The findings of [23] that RLS is capable to improve drive efficiency are confirmed only
for profiles with a low percentage of the full load operation. If the profile contains
more full load conditions, the outcome may be quite the opposite and the RLS will
yield worse efficiency than that with constant parameters. However, such conditions
are unlikely in many applications such as electro-mobility and the use of RLS for
parameter estimation can be recommended.

• The relative efficiency of the methods based on RLS slightly improves with the injec-
tion of the excitation signal. However, a decrease in performance was also observed
for the RLSLsψ0 method.

5. Conclusions

We compared the behavior of various methods for optimal feed-forward torque control
to assess the suitability of feed-forward control with online parameter estimation methods
for operating IPMSM with maximum efficiency. The frequency identification method,
method based on torque sensor measurement, flux linkage map method, and RLS methods
obtained comparable results. While methods based on RLS achieved good performance
in low load conditions, they proved to be unreliable in full load conditions. The least
reliable method was the online frequency domain estimation method. None of the online
parameter identification methods were able to obtain reliable performance under full load
conditions, indicating the need for the development of new methods.

Moreover, the experiments also demonstrated that the feed-forward controller based
on the MTPC may significantly differ from the optimum efficiency operating point. This
may be improved by optimizing the criteria considering other kinds of losses, however,
this increases the number of parameters which imposes another challenge on parameter
identification and most importantly its reliability. Clearly, more research in this direction
is required.
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